Abstract. In this work we introduce the generalization of Cesàro-Örlicz real sequence space i.e Cesàro-vector valued sequence space, where is a generalization of Örlicz function, i.e, ( ) and prove that this space is belongs to the class of Köthe sequence spaces and has the Fatou property. Futhermore, we investigate that this space posses H-property.
Introduction
Cesàro-Örlicz sequence space written as , was introduced for the frist time by Lim and Yee [1] in 1988, after they found the dual spaces of . Then, some important geometric properties of found by Cui, Hudzik, Petrot, Suantai and Szymaszkiewicz [2] . Maligranda, et al. [3] found is not -convex, if ∈ Δ 2 and ≠ {0}. Foralewski, et al. [4] studied the extreme points and strongpoints of . If satisfy Δ 2 -condition, Kubiak [5] investigate the comparison theorem for these spaces. Several mathematicians have studied the properties of these spaces and still in real valued sequence spaces. The structure and some local monotone geometric properties under Riesz norm of vector valued sequence spaces has studied by Herawati, et al. [6] . This note we present structure of Cesàro-in vector valued sequence space where is a generalization of Örlicz function and study the -property of these spaces. In this paper we use the symbol ℕ, ℝ, and to denote the natural numbers, real numbers, and normed vector space, respectively. The space of all vector valued sequences = ( ( )) where ( ) ∈ for every ∈ ℕ, denoted by Ω( ). Any linear subspace Λ( ) ⊂ Ω( ) is called vector valued sequences space (VVSS). A phy-function, denoted by -function, is a funtion ∶ ℝ → [0, ∞) which is vanishing of zero, even, increasing on ℝ and continuous on ℝ. This function is a generalization of Orlicz function. We say that the -function satisfies ∆ 2 -condition if there exists constant > 0 such that (2 ) ≤ ( ) for every ∈ ℝ. Given the map ∶ ( ) → (ℝ) by formula:
for every ∈ ℕ Furthermore, for any -function , we defined the following functional
. It is easy to see that the functional is a modular function. The information of modular function can be found in [7] . If the -function satisfy convex property, then the functional is a convex modular.
Using the convex modular , we give the following set that we called Cesàro-vector valued sequence space 
Results
In this section, firstly we will show that ( ) satisfies a Fatou property and belongs to the class of Köthe sequence spaces. Secondly we show this space has a monotone complete property and the last results we prove that ( ) has the -property. 
Proof
Take any ∈ Ω( ) and ∈ ( ) such that | ( )| ≤ | ( )| for every ∈ ℕ. By the assumption, is a normed space with 0 ≤ ≤ for every , ∈ such that ‖ ‖ ≤ ‖ ‖ ⋯ ( ).
Further, take a sequence = ( ) where for every ∈ ℕ, = ( ( )) and Hence, there exists 2 ∈ ℕ such that for every 2 ≥ , ( ( − ) ) < . ∎
